The parametrization is associated with the singularity of a stable mapping (in the sense of Thorn and Mather) of kernel rank one.
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On the other hand, Givental' [5] shows that, in the problem of Lagrangian immersions of surfaces into R4 = T*R2, the singularity "open Whitney umbrella" defined by (x,t) ---+ (Q1,Q2,P2,P1) = Ct 2 /2, t 3 /3, x, -xt) appears stably.
Open Whitney umbrella is parametrized by a minimal system of generators of the R-algebra,
In this paper we remark that these objects can be constructed inclusively, by <*), in a polynomial space of one variable (Theorem 1 and Proposition 1). We treat an isotropic submanifold I n -1 which is not necessarily an intersection of a Lagrangian submanifold and a hypersurface.
As a consequence, we have a multidimensinal analogue, which is denoted by W 2n (4n+1)
paper, of the open Whitney umbrella.
in this
Explicite parametrizations of open swallowtails are given in [4, §3] .
We show that more general objects are parametrized in a similar way (Theorem 2).
These parametrizations are related to the paper [7] , where we associate ring sheaves with singularities of mappings and discuss the finite generatedness of associated ring sheaves.
Above all in this paper, we emphasize that, for a certain stable mapping (in the sense of Thorn and Mather), a minimal system of generators of associated ring sheaf in the sense of [7] turns out a parametrization of certain Singular Lagrangian variety (Theorems 3 and 2). This observation seems to give one of connections of symplectic geometry, singularity theory and differential analysis.
We also remark that there are important papers, for instance, [8] , treating singular Lagrangian varieties on a different viewpoint from this paper.
In §1, after some preliminaries, we state Theorems 1, 2 and 3 -3 - and Proposition 1 .
We prove Theorem 3 in §2, and prove Theorems 1 and 2 in §3.
As a corollary of Theorem 2, we give a regular stratification of singular varieties treated in this paper, in §4.
In the last section, we recall symplectic geometry in polynomial spaces of one variable and prove Proposition 1.
The author would like to thank Professor S. Izumi for valuable comments. §1. Statements of results.
Let K denote R or C. 
In another way, In,kcm) is illustrated by the diagram:
CPlease insert Diagram 1 here.) where I is defined by setting the coordinates under the oblique lines to be zero.
Theorem 1 .
The sequence induced from differentiations by t,
is stabilized at stage m ~ 2kn + 1. Precisely, there exist polynomial section s:
In the case K = C, ~CI kCm» n , is an algebraic variety, and D is an isomorphism of algebraic varieties if m ~ 2kn
In the case K = R, ~(l kcm» n , is a semi-algebraic set.
Especially, we are interested in the case k = 1 and k = 2.
Let A be an n-dimensional stratified subset of a by SCm) , n-l y a O ,a 1 ,···,a n -1 • kn
where F E V n ' and
Then we have The mapping Q (resp. f) can be extended naturally to Q: 
Therefore Gi(n) is the linear combination of F(O).···. F(n)'
Thus we have required result in the polynomial case.
<X)
For the C. complex formal and real formal cases. we follow the proof of Prop. 2.2 of (7J. The different pOint is only the usage of Lemma 1 instead of Lemma 2.6 of (7] .
By the finiteness of Q and by Lemma 2, the result in the holomorphic (resp. Coo) case follows from that in the complex (resp. real) formal case. for any y E K.
Proof of Theorem 3, (Second Half
Define $: Define L:
Then L is a polynomial diffeomorphism.
by Qm'(F,y) = $ "D-<m-n)"$ (F). Then we have (a): <p = Q ,,,L. Then (J is a polynomial diffeomorphism.
We will show (b): Proof of Theorems 1 and 2 for general k.
Then we see (a): ~ = Q 10 L. 
Then define T by
We easily see T satisfies the required property of (b).
n,k,m Thus Theorem 2, (2) is proved.
This completes the proof of Theorems 1 and 2. 
2.
Then~: In,k<m) ~ Vm is a homeomorphism onto the image.
Proof. By Theorem 2, it is sufficient to show that is a homeomorphism onto the image.
First Q is continuous and injective.
In fact, let
, and F ( i ) ( t) = F ( i ) ( t ' ), < 0 ~ i ~ n). of [7] , we see t = t'.
By Lemma 2.7.
Furthermore Q is proper, since already the mapping is proper.
Thus we have Lemma 4.
Two stratified sets Notice that h is independent of a 2n and the induced symplectic structure on is ro = 2 dp. A dq .. (cf. §l).
Then the induced symplectic structure on 2 dp. A dq .. 
